Abstract. In this paper, some inequalities Hadamard-type for (h, r)-convex functions are given. Furthermore, we also proved some Hadamard-type inequalities for product of two (h, r)-convex functions.
Introduction
Let f : I ⊂ R → R be a convex function and a, b ∈ I with a < b . The following double inequality:
is known as Hadamard's inequality for convex function. Note that some of the classical inequalities for means can be derived from (1.1) for appropriate particular selection of the function f . We have that 0-convex functions are simply log-convex functions and 1-convex functions are ordinary convex functions.
In [1] , C.E.M. Pearce, J.Pecaric and V. Simic generalized Hadamard's inequality to a r-convex positive functions. 
In [2] , M. Z. Sarikaya, A. Saglam and H. Yildirim generalized Hadamard's inequality to h-convex positive functions. Definition 1.3. Let r = 0 be a real number and h : J ⊂ R → R be a positive function. We say that f : I ⊂ R → R is (h, r)-convex function, or f belongs to the class HR(h, r, I) , if f is positive and for all x, y ∈ I and t ∈ [0, 1] we have
Some new results involving generalized Hadamard's inequality can be found for several kind of convexity, in [7, 8, 9] .
The main aim of the present note is to establish new Hadamard like integral inequalities involving (h, r)-convex functions.
Main Results
In the sequel of the paper, I and J are intervals in R , [0, 1] ⊆ J, functions h, k are real positive defined on J and f, g are real positive functions defined on I and all integrals defined. We start with the following theorem. 
Proof. Since f ∈ HR(h, r, I), we have
It is easy to observe that
Hence, we obtain ⎛
According to (1.4) with
we find that
Finally, we obtain inequalities (2.1) from (2.2) and (2.3). The proof is complete.
Remark 2.2. In [2] , this inequality proved with r = 1 .
Theorem 2.3. Let f ∈ HR(h, r, I) and g ∈ HR(k, s, I) , a, b ∈ I with a < b
. Then the following inequality holds for 0 < r, s ≤ 2:
Proof. Since f ∈ HR(h, r, I) and g ∈ HR(k, s, I) , we have
Using Cauchy's inequality, we have
Similiary, we have:
Theorem 2.4. Let f ∈ HR(h, r, I) and g ∈ HR(k, r, I) , a, b ∈ I with a < b . Then the following inequality holds for
where
Proof. Since f ∈ HR(h, r, I) and g ∈ HR(k, r, I) , we have
Using Minkowski's inequality, we have
The proof is complete.
Remark 2.5. In [2] , this inequality proved with r = 1 . HR(k, r, I ) , a, b ∈ I with a < b . Then the following inequality holds for 0 < r ≤ 1:
Theorem 2.6. Let f ∈ HR(h, r, I) and g ∈
Proof. According to (1.4) with x = ta + (1 − t)b, y = (1 − t)a + tb and t = 1 2 we find that
We put a = ta
It is easy to observe that ⎛
On the other hand , we have
As in the proof of Theorem (2.4), we have ⎛ Let f ∈ HR(h, r, I) and g ∈ HR(k, s, I) , a, b ∈ I with a < 
Proof. Since f ∈ HR(h, r, I) and g ∈ HR(k, s, I) , we have 
